$0$ . PERRON [9] discovered a remarkable spectral property of positive matrices and shortly later G. FBOBENIUS [1], [2] and R. JENTZSCH [4] 
Especially M. KREIN Banach lattice); Our main aim is to generalize the results of G.
FROBENIUS [2] to infinite dimensional spaces.
In \S 1 preliminary definitions are summarized. In \S 2 the fundamental theorem on the maximum positive spectrum is proved (Theorem 2.1). In \S 3 we define completely $pos^{t}it\dot{w}e$ linear operators. The operators of this class play a similar r\^ole as strongly positive operators in [5] . In \S 4 we obtain under some additional conditions a necessary and sufficient condition for that a positive compact linear operator is quasi- The author of the present paper expresses his thanks to Dr. S. YAMAMURO at Institute for Advanced Study, Princeton, who kindly communicated the main results of [5] , onto the normal manifold generated by $a$ is denoted by $[a]$ . Normal manifolds and order-projections correspond to each other in one-to-one way.
When we consider spectral problems, it is convenient to define a complex extension $\hat{R}$ of $R$ , whose elements consist of all pair of elements of $R,$ $(a, b)\equiv a+ib$ , the absolute value of $a+ib$ is defined by (1. 1) $|a+ib|=\cup|a\cos\theta+b\sin\theta 0\leq g\leq 2_{i}t|$ .
When
$R$ is normed, the norm, in this paper, satisfies the following additional condition:
( [6] .
For a bounded linear operator $A$ on a c.omplex Banach space $R$ into itself, $\sigma(A)$ denotes the set of all spectra of $A$ , and $\rho(A)$ the resolvent set. If $(\lambda I-A)x=0$ has a non-trivial solution in $R,$ $\lambda$ is said to be a proper value and its solutions are proper dements. We put
It is well known (cf. [3] in $\lambda$ alone. The index pe $(\lambda)$ of $\lambda$ is the samallest integer $n$ satisfying $(\lambda I-A)^{n}E(\lambda)=0$ For other definitions in operator theories, we refer to [3] .
Examples of universally continuous Banach spaces are:
$(1\leq p\leq\infty)$ , and more generally modulared spaces studied in [6] . As Proof. 
Complete positiveness corresponds to " Unzerlegbarkeit" in [2] 
We remark that $r(x)$ is nothing $bxt$ the maximum moclulus of singular,ties of analytic continuation of
Since the set of all spectra of a compact operator is a totally disconnected set with the only possible limiting point $0$ , the functional $r(x)$ is rather convenient.
Lemma 3. 4. If
$A$ is compact, the functional $r(x)$ satisfies the following:
the range of $r(x)$ coincides with the set $\{|\lambda|$ ; $\lambda\in\sigma(A)\}$ . The proof is well known (cf. [10] and [5] Again using a), we obtain that there exists $0<a\in R$ such that The proof is found in [8] . [7] that $\overline{a}\otimes a=\bigcap_{\nu=1}(\nu A^{2}\leftrightarrow\overline{a}\otimes a)$ and $r(\overline{\alpha}\otimes a)=1$ . Lemmas 4.5 and 4.2 imply $r(A^{2})=r(A)^{2}>0$ .
Next theorem is proved in [11] , but we give a somewhat different proof. 
3)
$\lim_{\nu\rightarrow\infty}||A^{\nu}-E(1)||=0$
4)
$r(A)\leq 1$ and 1 is the only poss'ible proper value with modulus 1.
The proof is similar to that of Lemma 3.5. 
